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Nuclear chirality has been intensively studdied for the last several years in the context of
experimental as well as theoretical approach. Characteristic gamma selection rules have
been predicted for the strong chiral symmetry breaking limit that has been observed
in Cs isotopes. The presented analysis shows that the gamma selection rules cannot
be attributed only to chiral symmetry breaking. The selection rules relate to structural
composition of the chiral rotational bands, i.e. to odd particle configuration and the
deformation of the core.
1. Introduction
Chirality in nuclear physics relates to features of nuclear hamiltonian in the con-
text of time reversal symmetry. The phenomenon of explicit time-reversal symmetry
breaking comes up through already well known Cabibbo-Kobayashi-Maskawa ma-
trix of the standard model. The CKM matrix, introduced in order to diagonalize
the mass terms given by Higgs mechanism with respect to quark flavor, contains
T violating terms being associated with the heavy quark sector. Therefore no ex-
plicit T violation is expected to be present in low energy nuclear interactions giving
T-symmetric nuclear hamiltonian. What remains is the mechanism of spontaneous
time reversal symmetry breaking and possible occurrence of spontaneous break-
down of the chiral symmetry. This possibility has been studied for several years
through the measurements of the energy levels and gamma transition probabilities
1,2. The latter ones have been intensively studied in the mass regions of A=130 and
A=100, while the specific gamma selection rules, i.e. staggering of the B(M1) values
along the rotational bands have been observed only in Cs isotopes 1. Absence of
the B(M1) staggering in other nuclei is intriguing and needs clarification what is
the main goal of the present paper.
2. Eigenstates of the nuclear hamiltonian and phase convention
Although spontaneous time-reversal symmetry breaking is responsible for the phe-
nomenon of chirality, there are no eigenstates of T operator and therefore the
1
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symmetry operator T alone is not used in the quantum-mechanical description
of this problem. However, one can introduce another symmetry operator RTy being
a combination of time-reversal and pi-rotation, that allows proper description of
T-symmetry breaking and simultaneously possesses its own eigenstates. The RTy is
called T-signature 3 or chiral symmetry 4 operator.
As stated above, nuclear hamiltonian H is expected to be T symmetric. Ad-
ditionally, H is also rotationally invariant in the absence of external fields. As a
result, the eigenstates of H are assigned to spin and spin projection quantum num-
bers |IM〉, and the following commutation relation is valid
[
RTy , H
]
= 0. (1)
The commutation relation (1) shows that if |IM〉 is an eigenstate of H with the
eigenvalue E, then RTy |IM〉 must also be the eigenstate of H with the same eigen-
value
〈IM |H |IM〉 = (〈IM |RT+y
)
HRTy |IM〉. (2)
The RTy operator is anti-unitary the action of which makes complex conjugation of
all complex numbers. Therefore, it does matter which part of the eqn. (2) the oper-
ator acts on, and the appearance of the round bracket in the eqn. (2) is necessary.
The round bracket shows that RT+y acts only on the 〈IM |. Skipping this bracket
equals to the complex conjugation of the whole matrix element
〈IM |H |IM〉 = 〈IM |RyT+HRyT |IM〉⋆. (3)
Spin and its projection are not changed by acting of RTy operator
5 ,i.e.
RTy |IM〉 = c|IM〉 (4)
where c is a complex number. The above equation shows that eigenstates of the
hamiltonian are the eigenstates of the symmetry operator RTy as well and, there-
fore, they preserve the chiral symmetry. Owing to the fact that eigenvalues of the
hamiltonian are real values, one can show that c must be phase only (|c|2 = 1)
〈IM |H |IM〉 = (5)
= 〈IM |RT+y HRTy |IM〉⋆ (6)
= cc⋆〈IM |H |IM〉⋆ (7)
= |c|2〈IM |H |IM〉. (8)
The above analysis relates to diagonal matrix elements of the hamiltonian but it
can be generalized. Particularly, it is possible to make any matrix element of any
operator M commuting with RTy to be real by choosing the phase c = 1
〈I2M2|M|I1M1〉 = c2c⋆1〈I2M2|M|I1M1〉⋆ = 〈I2M2|M|I1M1〉⋆. (9)
The choice of this special phase c = 1 introduces a phase convention 5, and this
convention has to be kept for the further analysis.
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3. Symmetry breaking states
In the most simple case of chirality, the nuclei are described as three-body objects
being composed of two odd nucleons and an even-even core. Therefore presence
of three angular momenta vectors forming a system with definite handedness is
expected in tandem with specific conditions where one of the odd nucleons possesses
particle-like character, the other one hole-like character and a core is triaxially
deformed. For that reason, apart of the eigenstate basis |IM〉 one can introduce
equivalent basis set in which the handedness of the nucleus is specified. Although
the handedness, being dependent on the angular momenta vectors orientation, is
a continuous parameter, it can be classified in two values L and R corresponding
to the left- or right-handedness of the system. The elements of the new basis set
have several interesting features. In contrast to the matrix elements calculated on
the |IM〉 states being real, the matrix elements calculated on the |L〉, |R〉 are
complex since |L〉 and |R〉 are not the eigenstates of the hamiltonian. This means
also that they relate to dynamical features of the nucleus. The states with specified
handedness break the chiral symmetry since they are not the eigenstates of the RTy
symmetry operator i.e.
RyT |L〉 = |R〉 (10)
RyT |R〉 = |L〉. (11)
4. Symmetry restoration
The |L〉 and |R〉 not being the eigenstates of the hamiltonian posses an essential
dynamical feature, i.e. the system can tunnel between left- and right-handed con-
figurations
∆E = 〈L|H |R〉 6= 0. (12)
One can estimate the tunneling frequency as f ≈ 2.5 · 1019Hz by taking the ratio
f = ∆E/h, where ∆E = 100 keV is typical energy splitting observed in the chiral
nuclei (see following sections). Since the time of gamma quanta emission is larger
than the tunneling period, it is not possible to observe such fast dynamical process
experimentally through electromagnetic radiation. In this case the time scale of the
measurement is much larger than the characteristic time of the tunneling process.
Following the indeterminacy principle, the states with definite energy and undefined
time are observed experimentally, i.e. only the eigenstates of the hamiltonian |IM〉
are visible. Therefore the |L〉 and |R〉 states have to be projected on |IM〉 basis
elements in order to compare the theoretical predictions with the experimental
observations. The projection procedure is also called symmetry restoration. In the
case of the chiral symmetry the rotational as well as the T-symmetry (chirality)
has to be restored.
Rotational symmetry can be restored in the spirit of Generator Co
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Method method (see Sect. 11.4.6 in Ref. 6) by using projection operators PMI
PMI |L, n〉 = |L, I,M, n〉 (13)
PMI |R, n〉 = |R, I,M, n〉 (14)
where the handedness is not affected by spin projection since there is no RTy in
the operators PMI . Indices n in Eqs. (13) and (14) stand for quantum numbers –
like spin of the core jc and of the odd nucleons jν , jπ etc. – related to structural
composition of the partner band levels. These quantum numbers will be omitted in
order to examine the role of the handedness only. The spin quantum number is not
affected by action of RTy operator since according to Eq.(1-39) of Ref.
5 it fulfills
the following commutation relations
[
RTy , Iz
]
= 0 (15)
[
RTy , I
2
]
= 0. (16)
Therefore the restoration of the chiral symmetry (projection of chirality quantum
number + or −) have the following form
|IM,+〉 = 1√
2N+
(|IM,L〉+ |IM,R〉) (17)
|IM,−〉 = i√
2N−
(|IM,L〉 − |IM,R〉) (18)
N± being the normalization factors. The |IM,±〉 states form chiral doubles that can
be observed experimentally. These doublets form two chiral partner bands. Phases
of |IM,±〉 states have been chosen so as to fulfill the phase convention given by Eq.
(1-38) of Ref. 5. The formulae (15,16) show that the order of the projections can
be reversed and one can project on the chirality first and then on the spin quantum
number.
5. Electromagnetic transition matrix elements
The probabilities of the electromagnetic transitions linking the excited states in
the chiral bands relate to the matrix elements of the electromagnetic transition
operator M(σλ) calculated on the laboratory states |IM,±〉. As it was shown in
Ref. 7, theM(σλ) fulfills the following commutation relation (see also Eqs. (1A-73)
and (3C-10) in Ref. 5)
[RyT,M(σλ)] = 0 (19)
σλ being the M1, E2, M3, E4,... transition type. This commutation relation, to-
gether with the introduced phase convention makes all matrix elements of the elec-
tromagnetic transitions between the |I,M±〉 states real values and that for the
inband electromagnetic transition 〈I2,±||M||I1,±〉, i.e. without chirality change,
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will assume the following form
〈L, I2||M||L, I1〉+ 〈R, I2||M||R, I1〉
2NI2±NI1±
(20)
±〈L, I2||M||R, I1〉+ 〈R, I2||M||L, I1〉
2NI2±NI1±
and, accordingly, for the 〈I2,±||M||I1,∓〉 interband transition that changes chiral-
ity
i
〈L, I2||M||L, I1〉 − 〈R, I2||M||R, I1〉
2NI2±NI1∓
(21)
∓i 〈L, I2||M||R, I1〉 − 〈R, I2||M||L, I1〉
2NI2±NI1∓
.
One has to remember that matrix elements of |I, L〉 and |I, R〉 states take in general
complex values. Relations (9), (10) and (11), (19) lead to the following expressions
〈I2, L||M||I1, L〉⋆ = 〈I2, R||M||I1, R〉 (22)
〈I2, L||M||I1, R〉⋆ = 〈I2, R||M||I1, L〉. (23)
The above relations show that summation and subtraction of complex conjugate
values occurs in the matrix elements given by Eqs.(20) and (21). Therefore, the
inband matrix element, 〈I2 ± |M|I1±〉, takes the final form
Re〈L, I2||M||L, I1〉 ± Re〈L, I2||M||R, I1〉
NI2±NI1±
(24)
and the interband matrix element, 〈I2 ± |M|I1∓〉, transforms to
Im〈L, I2||M||L, I1〉 ∓ Im〈L, I2||M||R, I1〉
∓NI2±NI1∓
. (25)
No imaginary unit appeares in equations (24),(25) which is due to the the cho-
sen phase convention. These equations are valid when the chiral symmetry is close
to the strong symmetry breaking limit. When this limit is attained, the tunnel-
ing effect between the left- and right-handed states disappears, which means that
〈L, I|H |R, I〉 = 0. The left- and right-handed states are separated 〈L, I|R, I〉 = 0
which means that normalization parameters NI± equal to unity. Gamma transi-
tions of M1 and E2 type cannot change right-handed state to the left-handed one
i.e. 〈L, I2||M(σλ)||R, I1〉 = 0 (σλ= M1, E2) since larger angular momentum change
of the nuclear state would be required. In this case Eqs. (24, 25) reduce to
〈I2,±||M||I1,±〉 = Re〈L, I2||M||L, I1〉 (26)
〈I2,±||M||I1∓〉 = ∓Im〈L, I2||M||L, I1〉 (27)
M being the M1 or E2 electromagnetic transition operator. The above equations
show that in the case of a strong chiral symmetry breaking limit, the B(M1) and
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B(E2) transition probabilities in both bands should be identical. Moreover, equa-
tions (26) and (27) show that if the dominating part of the 〈L, I2||M||L, I1〉 ma-
trix element is real then the inband electromagnetic transition should mainly be
observed. On the contrary, if the imaginary part of the 〈L, I2||M||L, I1〉 matrix el-
ement dominates then the interband electromagnetic transition should be in favor
of the inband one. These features are observed in the majority of partner bands in
which lifetimes of the excited states have been measured. The role of the specified
handedness of the intrinsic states is then explained. Staggering of the B(M1) value
as a function of spin cannot be attributed only to the existence of the |L〉 and |R〉
states in a quantum system. This effect, as discussed in Ref.8, relates to properties
(here called structural composition) that can occur in addition with the chiral sym-
metry breaking. In the quoted paper, the Hamiltonian of the model consisting of a
triaxially deformed core coupled to one proton particle and one neutron hole in the
same single-j shell was examined. Such a Hamiltonian, appropriate for the descrip-
tion of chiral bands built on two quasi-particle pih11/2 ⊗ ν−1h11/2 configuration,
possesses additional invariances and corresponding quantum numbers. These quan-
tum numbers have been used to derive the gamma selection rules which are based
on the fact that the core angular momentum change for E2 and M1 transitions is
∆jc ≥ 2. This special feature of core rotation is due to its triaxial deformation.
Staggering of the B(M1) transition probabilities relates therefore to the structural
composition of the laboratory states and can be explained by examining the jν ,
jπ, jc quantum numbers in matrix elements 〈I2,±, jν , jπ, jc||M||I1,±, jν, jπ , jc〉. If
some of the conditions given in Ref. 8 were not fulfilled then B(M1) staggering
should vanish. Nonetheless, other properties related to the existence of the |L〉 and
|R〉 states could still be observed. Such a situation takes place in 102,103,104,105,106Rh
nuclei where partner bands are expected to be built on the configuration consisting
of different j-shell levels 9 10, 11, as well as in the 135Nd isotope where partner
bands are assumed to be built on the three (instead of two) quasiparticle configura-
tion 12. Lifetimes of the excited states were measured in partner bands of 104Rh 13
and 135Nd 12 and, indeed, the staggering of B(M1) transition probability observed
in those bands is very weak (compared to that for Cs isotopes) or absent. More-
over, in the case of 135Nd the corresponding transition probabilities in the partner
bands are almost equal. This points to the strong chiral symmetry breaking limit
in 135Nd and reflects different structural composition than in Cs isotopes. These
examples indicate that B(M1) staggering should be a sensitive measure of triaxial-
ity in two-quasiparticle single j-shell configurations. The dependence of the B(M1)
staggering on triaxial deformation has been studied in terms of the CQPC model
3 where indeed the staggering effect vanishes rapidly when γ-deformation deviates
from 30◦. This fact supports the role of the structural composition in description
of the electromagnetic properties of the partner bands.
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6. summary
It follows from the above considerations that the chiral symmetry breaking in nu-
clear physics leads to the existence of two rotational bands, almost degenerated
with similar electromagnetic properties. Staggering of the B(M1) value quoted in
many papers is an additional property originating from the structural composition
of a given nucleus.
This work was supported in part by the Polish Ministry of Science under Con-
tract No. N N202 169736.
References
1. E. Grodner, J. Srebrny, A. A. Pasternak, I. Zalewska, T. Morek, Ch. Droste, J. Mierze-
jewski, M. Kowalczyk, J. Kownacki, M. Kisielin´ski, S. G. Rohozin´ski, T. Koike, K.
Starosta, A. Kordyasz, P. J. Napiorkowski, M. Wolin´ska-Cichocka, E. Ruchowska, W.
P lo´ciennik, and J. Perkowski Phys. Rev. Lett. 97, 172501 (2006).
2. D. Tonev, G. de Angelis, P. Petkov, A. Dewald, S. Brant, S. Frauendorf, D. L. Bala-
banski, P. Pejovic, D. Bazzacco, P. Bednarczyk, F. Camera, A. Fitzler, A. Gadea, S.
Lenzi, S. Lunardi, N. Marginean, O. Mo¨ller, D. R. Napoli, A. Paleni, C. M. Petrache,
G. Prete, K. O. Zell, Y. H. Zhang, Jing-ye Zhang, Q. Zhong, and D. Curien Phys. Rev.
Lett 96, 052501 (2006).
3. Ch. Droste, S.G. Rohozin´ski, K. Starosta, L. Pro´chniak, E. Grodner eur. Phys. J. A42,
79 (2009).
4. S. Frauendorf, J. Meng, Nucl. Phys. A617, 131 (1997).
5. A. Bohr, B. Mottelson, Nuclear Structure, vol. I, Benjamin, New York (1969)
6. P. Ring and P. Schuck, Nuclear Many-Body Problem, Springer-Verlag (1975)
7. E. Grodner, S.G. Rohozin´ski, J. Srebrny Acta Phys. Pol. B38, 1411 (2007).
8. T. Koike, K. Starosta, I. Hamamoto Phys. Rev. Lett 93, 172502 (2004).
9. J. Tima´r,1 C. Vaman, K. Starosta, D. B. Fossan, T. Koike, D. Sohler, I. Y. Lee, A. O.
Macchiavelli Phys. Rev. C73, 011301(R) (2006)
10. C. Vaman, D.B. Fossan, T. Koike, K. Starosta, I.Y. Lee, A.O. Macchiavelli, Phys.
Rev. Lett 92, 032501 (2004).
11. P. Joshi, D.G. Jenkins, P.M. Raddon, A.J. Simons, R. Wadsworth, A.R. Wilkinson,
D.B. Fossan, T. Koike, K. Starosta , C. Vaman, J. Tima´r, Zs. Dombra´di, A. Kraszna-
horkay, J. Molna´r, D. Sohler, L. Zolnai, A. Algora, E.S. Paul, G. Rainovski, A. Gizon,
J. Gizon, P. Bednarczyk, D. Curien, G. Ducheˆne, J.N. Scheurer Phys. Lett. B595, 135
(2004).
12. S. Mukhopadhyay, D. Almehed, U. Garg, S. Frauendorf, T. Li, P.V. Madhusudhana
Rao, X.Wang, S. S. Ghugre, M. P. Carpenter, S. Gros, A. Hecht, R.V. F. Janssens,
F. G. Kondev, T. Lauritsen, D. Seweryniak, and S. Zhu Phys. Rev. Lett 99, 172501
(2007).
13. T. Suzuki, G. Rainovski, T. Koike, T. Ahn, M. P. Carpenter, A. Costin, M. Danchew,
A. Dewald, R. V. F. Janssens, P. Joshi, C. J. Lister, O. Mo¨ller, N. Pietralla, T. Shi-
nozuka, J. Tima´r, R. Wadsworth, C. Vaman, S. Zhu Phys. Rev. C78, 031302(R) (2008).
